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NHOM TOAN VD-VDC

1 8.8.8.0 .

@ LY THUYET

Mdi s6 phtrc, & khia canh dai s8, 13 nghiém tuong &ng duy nhat mot tam thire bac hai monic
hé s& thuc cé biét thirc 4m. N&u zI1a nghiém cla f(x) = X + ax+ b véi a,b e Rva
A=a%*—4b<0thi nghiém con lai s& goi la lién hop cta nd. Tich hai nghiém sé 13 b va la mét

s6 khéng dm. Can bac hai cia b goi la module.

O khia canh hinh hoc, m6i s6 phirc s& |a c3p toa d6 ciia mdt vector, va do I&n cla vector do
chinh la module.

Module ca sd phirc. S6 phirc lién hop:

z=a+bi(a,be R)thimodule clia z Ia |4 = Va’ + I ; S8 phirc lién hop cda z la

7z =a— bi Ta c6: Phan thuccla z 13 Rez=%z,ph‘€m docla zIla Im z= Z;Z;
22| =|zl|z], |4 =22 2+ 5% =5 +3, 25 =25, z= 2 i‘:||z2_|'
(ij:i(% ;tO).

2 2

1/ Pang thizc M0 - Pun

+m z, +nzZ|2 =m2|zl|2 Jrnz|zz|2 +mn(zZ +Zz)vdim,neR va z,z € C.

2 2
tlz+z[ +|z+ 5| =2{z+ ZlJZrZZ| + %;Zzi }vé’i 2,2,z €C.
+lz + z|= @zl +@zz V@i z,,z la cac s8 phirc khac 0 .
E1REEEA
a,b,ce R
+Néu <a # 0 thi phuong trinh az +bz+c=0cé hai nghiém phic khong

A=F —4dac< 0

-bx 4/|A| —
thucz , = 2—|| Déthdy z = z :>|zl| = |ZZ|
a

2/ BDT Mo - Dun

nhttps://www.facebook.com/groups/toanvd.vdc Trang 1



NHOM TOAN VD - VDC AP DUNG BPT VA BPT MO - PUN

Lop7: |AB —BC|<AC <AB +BC.

Lop 20: |3 -] <[5 + 5 < |+ .

L6p 12: |z| - |z ] < |z + 2| <|z] +|2].

+|z+ z|+|z+ z| 2|z — z,|. Dang thirc xay ra khi va chi khi
__z+zl:k|:(z+ zl)+(—z—zz):|
[zt 2 :k[(z+ z2)+(—z—zl)]
[z+2 =0

__Z+Zl:k(Z+ 22);(Z+22 #0;ke R;kZO)

(ke Rik e [0;1])

+|z+ z| —|z+ 2| < |z — z|. Béng thitc xay ra khi va chi khi
__Z+ z = kl:(z+ zl)+(—z— zz)]
_z+ z, = k[(—z— Zl)+ z+ 22]
[z + z =0

z+ 2 :k(z+ Z2),‘(Z+ z, #0;ke R,k < O)

(k€ R,k e (—0;0]U[1;+ ))

< I > MOT SG Vi DU

_ | Minh Hoa-T4/N2021

Xét hai s6 phic z,z théa man |[z|=1]z|=2 va |Zl—%|=\/§- Gid tri ldn nhat
3z + z, — 51 béng
@. 5-419. ®. 5++19. ©. -5 +24/19. D. 5 +2419.

ﬂ binh hudng

T4t ca gia thiét clia 0@ bai déu néi vé M dun cta s8 phtc, chinh vi thé ta xét: |m z +nz [ .

Bing tinh todn ta c6 két qua: [m z + nz [ =m?|z[ +n’ |z +mn(z Z +Z ). Trong d6
m ,nla céc s8 thyc va z,z 1a cac s6 phirc. Nhu vay tir gia thiét ta s& tinh dwoc [3z + z|va

dua bai todn d3 cho vé bai todn quen thudc.

ﬂ Loi gidi tham khéo

L giai

+3=lz-z[ =|a[ +]z2[ - (22 +22)=5-(22+22)=> (22 +22)=2;
3z + 2] = 9]z +|2f +3(z2 +2.2) =19,

+Ap dung bat ddng thirc mo dun, cé:

|32 + 2| - |-54 <|(32 + 2) + (-5 <3z + 2| +|-5]

& 5-419 <3z +z -5{<5+419.
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+Vi day |3 bai toan trac nghiém nén chon B; Tuy nhién |3z + z — 51 =5 + 19 khi va chikhi
{k eR,k>0

= 3z + z =—1/19 =Chon B
3z + z = k(-5 aTE '

|| cau2: | [ Minh Hoa-L2/N2017

Xét cac s6 phirc z thdéa man |z+2 —4+|z—4-74= 62 . Goi m ,M Ian lwot la gid tri nho

nhat, gia tri Ion nhat cla |z — 1 + 4. Gid tri cla biéu thitc P =m + M bdng

®. V13 + 3. ®.M. ©.5vZ+ 3. @ N2+VT3

2
ﬂ binh hudng

|z+2—Jlr+|z—4—7_z[:6\/§:>|z+2—11+|—z+4+71|:‘(z+2—i)+(—z+4+7i)‘sé

suy ra z = a(x) + b(x) i voi x € [0;1] .DEn day ta c6 bai toan quen thudc.

n Loi gidi tham khéo
Loi giai
tHzt2-d+|z—4-71=62 = |z+ 2~ 4 +|-z+ 4+74=|(z+2 -2+ (-z+ 4+ 73)

= z+2-1i=x(6+61);(xeR,0<x<1)= z=(-2+6x)+(1+6x)1

= |z-1+4=|(-3+6x)+(2+6x)]=72x —12x+13.

#Xét ham s8 f(x) = V725 —12x+13,x€[0;1], d& thdy min £(x)= f(i) = ﬂ;

(0] 12
m ax f(x) = f(l) = \/7_3.Véy m = # M = \/7_3 —=Chon B

(0]

|| caus: | | Chuyén Théi Binh-15/N2018

Cho s6 phtrc z thda man |(1 + 1)z + 2| + |(1 +1)z— 2| = 42 . Goi m ,n 1an lwot 13 gid tri 16n

3
Y

~ \ . . 2 ~ 2 v . . . > 2018
nhat va gid tri nhé nhét cla |2|. Ddt w =m +ni, gidtricha |w|  bang

1009 1009 1009 1009
@. 21 ®. 2", ©. 51 O. 6.

ﬂ binh hudong

+Bién ddi gid thist: [(1+ 1) z+ 2| +|[(1+ ) z—2[= 42 & [z+1-J+|z-1+1 =4,
+Ap dung BDT: |z| +|z| 2|z + z| dé dang tim dugcm .
|2

zZ+ Zl;ZzJVéVa,beRta

2
z+z[
2

+Ap dung |z+ Zl|2 +|Z+ zz|2 = 2|:
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||] cé:a+b£,,2(a2+b2)timdu‘o‘cn.

ﬂLc‘ri giéi tham khdo
Loi giai
+4=|z+1-4+|z-1+42|z+1-i+z-1+4=[24 = |4 <2(1).D3ngthic & (1) xdy

+1-i=k(z-1+1),(keR,k>0
rakhi{z L= k(z=1+d) (ke ):>z=i\/§(—l+i):>m:2.

[4=2
+4=|z+1-4+]|z-1+4< \/2[|z+1—42 +|z—l+1|2} ZZW
=14 >2(2). Ping thirc & (2) xay ra khi
{'Zﬂ_j ) |Z_1+Jl: z=+(1+1) = n=+2.Vay w["" =6 =Chon D
4=
|| cau4: | | THPT D3ng Thiic Hira Nghé An-Lan1 N3m 2018

Cho s8 phirc z thda man diu kién 5|z— 4 =|z+1-34+ 3|z—1+ 4. Gid tri Ion nhat cla
biéu thirc |z — 2 + 34 bang

@.?. ®.1+ 3. ©.o9. ©. 45 .

ﬂ binh hudng

#Taco: [z+1-3f +[z=1+ 4 =2[]z—{ +}1-21 .

+ Mat khac:

5|Z—11:|z+l—31|+3|z—1+11£\/(12+32)(|Z+l—31l2 tz-1+ 1)

= \/20 (|z— 1|2 + 5) .Twdésuyra|z—4 < 2/5 . Dé&n day ta cé bai toan quen thudc.

ﬂ Loi gidi tham khéo
Loi giai

+Taco: [z+1-3f +|z=1+{ =2[]z—{ + 124 |;Twrdo

5|z—Jj:|z+1—3jj+3|z—l+11£\/(12+32)(|z+1—31l2 +|Z—1+l|2)

- \/2O(|z—1l2 +5).Suy ra |z—11£2\/§.

+
lz—2+3{=|(z-)+(-2+4d)| <|z—f+|-2+ 4= 25 +2J5 = 45
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=|z-2+31< NG (1). Péng thire & (1) Xay ra khi
|z+1-34 |z-1+4
1 3
|z—4=25 — z=—2+51.Viymax|z—2 + 3] = 4/5 =ChonD
JkeR,k>0
z—1= k(-2 + 4i)

[ caus | Chuyén Su Pham Ha N§i-L2/N2021

Xét cac s6 phirc zthda mén |z— 1| = 2. Goi M va m lan lugt |a gid tri Ion nhat va gid trj bé

nhat clia biéu thitc P = |z+ 2|+ 2|z - 3|. T6ng M +m bang

®. 14. ®.7. ©.M (») M

5 ' ' 3
ﬂ binh hudng

+|z+ zk|2 = |(z+w)+(zk —w)|2 = |z+w|2 +|zk —w|2 +(z+w)(zk —W)+(Z+W)(Zk —w)

V6i k=1;2. Do d6 néu z -w=p(z -w) véi peR thi s& tinh duoc
alz+ z[ +b|z+ z[ theo |z+w|va |z —w|(a,b e R). Khi d6 d& dang tinh duoc M .

+Nhin vao két lun, ta tim cach lam xu4t hién hé s& 2 trudc biéu thirc |z + 2| (Can bang hé s)
Ed|
||

|| vdi z ,z1a cac so phic khac 0 nhung khong dugc.
Viét P = (|—z— 2| +|z— 3|) +|z— 3|ta dé dang tim dugc m .

bang cong thirc|z + z,| = z,

|ZlJr
z|

ﬂ Loi gidi tham khéo
Loi giai

|z +2f :|(z—1)+3|2 :|z—1|2+9+3(z—1+ZT1):l3+3(z—l+z—1)

+Ta cé suy

|z—3|2 :|(z—l)—2|2 :|Z—1|2+4—2(z—1+:1):8—2<z—1+ z—l)

ra2|z+2|2+3|z—3|2:50;
\/_z+2 \/_z 31 < é 2lz+2f +3|z=3 =£ . Vilam bai
3
5433
—3 .

trac nghiém nén dy dodn M =

+P =(-z—2|+|z—3|)+|z— 3| 2|-z—2 + z— 3| + 0 = 5. Khi z= 3thda man diéu kién d&
baithi P =5.Vaym =5 =Chon D

, Bai tép tuong ty

|Il Cho s6 phirc =z thdéa man z—l—2jl:2. Gid tri lén nhat clda biéu
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thireT =|z+1-14+|z—5— 44 bang

@. 37 . ®. 35 . ©. 36 . @. 42 .

| S& Vinh Phtic-L2/N2018

Cho s6 phirc z thod man digu kién |z—2 — 4 = 22 Goi M ,m [an luot 12 gia trj I6n nhét, gia
tri nhé nhat cha biéuthirc H =|z+3 —24+|z—3 +44.Gidtri ¥ +m bang

@. 162 . ®. 1142 ©. 226 +8V2. ©. 2426 +642.

H Dinh hudng

+Tim m khd don gian va rd rang ép dung: |z| + |z | 2 |z + z|.

zZ+

2
+Tad§bié’t:|z+zl|2+|z+zz|2:2{ ZlJ2rzz| .

2
ZI;Z?I },dodétacé:

243 -2f +[z-3+af =2[]z+4 +[3-31|. Mat knac bigt [z-2-4=242, tim

m ax|z + 1 1a bai toan quen thudc. Nhu vdy 4p dung BBT : Va,be R, a+b< 2 (a2 +b2) la

c6 thé tim dugc M .

ﬂ L&i gidi tham khéo
Lovi gidi
+H =|z+3-24+|-2z+3 -4 2|z+3-2i-z+3 - 4] =62 (1).
, z+3-2i=k(6-61);keR,0<k<1
Dang thirc & (1) xay ra khi = z=—1.

lz—2-4=22
+H < \/2[|z+3 —2f +]z-3+4f | = \/4[|z+1|2 +3-3f | =2\lz+ { +18.

lz+d=|(z—2-d)+(2+20) <|z-2-4+|2+24=4J2.Suyra H <102 (2).
|z+3-21=|z-3+ 44
J1eR,120
z—2—1=1(2+2i)

|z—2-4=2\2

+Vaym = 642;M =102 =Chon A

Dang thirc & (2) xay ra khi = z=4+ 31

‘ pé tham khao-2018

Xét cic s6 phirc z=x+yi (x,yeR) théa man |z—4-341=+/5. Khi bidu thic
P =|z+1-34+|z—1+ 1 dat gia tri I&n nh4t, gia tri cla x + y bang

®. 4. ®. 6. ©. 8. D. 10.

ﬂ binh hudng
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+ Nhan thédy |z+1-34=|(z—4-31)+5

z—1+1=|(z—4-31) +(3 + 24) do d6 khong

’

tinh duoc ar|z+1-31 + B|z—1+1 theo |z— 4-34 (@, la cic 5 thyc).

+ Tuy nhién ta lai c6 |Z+1—31|2 +|Z—1+1|2 = 2|:|Z—l|2 +|1—21ﬂ.

n L&i gidi tham khéo
Lo gidi
+P < \/2[|z+1—342 +|z—1+ﬂ - \/4[|z—42 +|1—2ﬂ =25 +|z-4 (1).

+|z—4=|z-a-39)+(4+2)|<|z—4-34+|a+24=35(2). Dang thirc & (2) xay ra

JkeR,k20
khi 4z—4—-3i=k(4+21i)= z=6+ 4i.
|z—4—3j1=\/§

+ T (1) va (2) suy ra P <1042 (3). Ding thirc & (3) xdy ra khi va chi khi dng thirc &
z=6+41

< z=6+ 4i=Chon D
|z+1-34=|z-1+1

(1)va (2) dong thoixay ra < {

_ | S& GD&DT Quang Nam-2018

Cho s6 phic =z théa min |4<2. Gid tri nhd nhdt cla biéu

thitcP =2 |z+ 1|+ 2|z— 1| +|z— Z — 44 bang

14 7
®. 4+243. ®.2+3. ©.4+E. @.2+E.

ﬂ binh hudng

+Nhan thdy z— Z 1a s6 thuan do. Coi z— Z la mét bién sb va tim cach gidm bién so trong
biéu thirc P bang BOT |z+ 1| +|z—1| = |z+ 1+ |-z+ 1 = |z+ 1| +|-Z+ 1| = |z— Z + 2| .Suy

ra
P22|z-Z+2|+|z—2-44=0.

+NEu dit z = x + yi,(x,v € R)thi 0 I3 biéu thirc chira mot bién y va ta ¢ ban todn quen

thudc.

n Loi gidi tham khéo
Loi giai
+bat z = X+yi,(x,y € R), taco:

P=2(z+1+|-z+1)+|z—2-4{22|z—-Z+2|+|z-2- 4
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=2(2 % +l+|y—2|).

+2y +1+|y—2| :\/[12 +(\/§)Z}[y2 +1] +ly—2|2 ‘y+ \/5‘+|y—2|

>y+3+2-y=2+4/3.

+Tird6 suyra P > 2(2 +/3) (1) Khi zz?ithéa man |4 <2thi P =2(2 +/3).vay

min P :2(2+J§):>ChgnA

_ ‘ Face book - 2021

Cho s8 phirc z théa man |z — 4 = 2. Biét bi6u thirc T = |z+ 34+ 2|z— 4 — 1 dat gia tri nho
nhatkhi z= x+ yi (X,y IS R) . Hiéu x— y bang

3 —6413 6413 — 3 3+ 6413 3 +6413
@.TJ_. ®.J1__7. ©.+1_7J_. O, _3+6V13

17
ﬂ Dinh hudng

+ Khai thac két luan: Biéu thirc T = |z+ 34+ 2|z— 4 — 4 dat gia tri nhd nhat. Ta phai “can

bang hé s8” (lam xuat hién thira s6 2 & biéu thirc |z + 34) trwdc khi dp dung bat dang thirc

z] . |a]

mé dun bdng dang thirc sau: |z, + z | = mzl +EZZ (z,2 €C;z #0,z #0).

2] >0
z #* 2z

+TOng quét bai todn:Cho trudc hai s6 phirc z ,z, théda man { va s6 thyc duong c.Biét

s8 phirc zthda man |2 = c.Tim gid tri nhd nhét cla |z — z | + E|z— z|.
C

ﬂ Loi gidi tham khéo

L giai

+Tacd |z+34=|(z- 1) + 44 =

IR bt 17 TRy
(e TR ) =2l =2 (4 v )

>2|z+4+i-4 =217 (1).

. =k(4+1),(keR,0<k<1
+Dang thirc & (1) xay ra khi {Z (4+ 1) (ke )

|Z—l|=2
4+813 1+2413
zZ = + 1.
17 17
+Vay x—y=%:>€hgnc
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, Bai tap tuong ty

Cau l1:

Cau 2:

Trong khong gian vdi hé toa d6 O xyz, cho mat cau (S) : (x+ 1)2 +(v- 4)2 + 7 =8 va cac
diém A(3;0;0),B(4;2;1).Goi M la diém thudc mat cau (S). Gid trj nhé nhat cua
MA +2M B bang

@. 22 ®. 62 . ©. 243 . D. 643 .

Trong khéng gian cho tam gidc ABC ¢6 AB =2R,AC =R,CAB =120°.Goi M la diém
thay ddi thudc mat cdu tdm B bdan kinh R .Gid trinhéd nhatcla M A +2M C 1a

®. 4R . ®. 6R . ©. r19. O. 2r7 .

_ ‘ Face book - 2021

Cho s& phirc z théaman |4 =1va P =

2+ ()" + 64 2|2 +1]. Goi M ;m lan luot
|a gid tri [&n nhat; gid tri nhé nhat cla biéu thire P . Gid tri cla biéuthirc T =M —m bang

.= ®.1. ©. 2. O. 4.

+4=1<|4 :1<:>22:1<:>E:l.Ttrdétacé:P:

zZ z

1
2021 2020
Z +m+62‘-2‘2 +1‘

2020

Z + +6

020 4 2020 6‘ _9 ‘22020 + 1‘ ]

=14

2020 _
— —2\2 +1\ =
Z

2 2020

+Dit 2% = x+ yi(x,y € R).Ta dua vé bai todn quen thudc.

ﬂ Loi giai tham khéo

L giai

_ 1 .., ,
=l z==".Trdétacd:pP = |7
4

+|z|:1<:>|z|2=1<:>z

Nl

+

2019
z

+ 62( - 2‘22020 + 1‘

2020
z +

+6

=14

1

_ (2)2020 _ (Zzozo) )
2020 - '
Z

—2|2" +1| =

4 (#) + 6 = 2|7 + 1] (chay

2020
4

+Dit 2% = x+yi(x,y € R), khi do:

,XZ +yz :‘Zzozo‘:|zlzozo :lsz :1_y2:_1gxg 1.
+Tacc')P=|2x+6|—2‘(x+1)+y1‘:2x+6—21/(x+1)2+y2 =2(x— 2(X+l))+6
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+Xét ham s6 f(x) =2 (x— 2 (x+ 1)) +6,x € [-1;1]. Dé thay 1’[njn]. f(x) = f(—%j =3;
-1;1
max f(x) = £(1) = 4=Chon B
|| cau 11: [ L& Quy Pén Lai Chau-L1/N2018

Cho hai s8 phirc z,,z, théa man diéu kién 2|z, + 1=z — z — 24 va |z, —i— 10| = 1. Gia trj

nhé nhat cta biéu thirc |z — z| bang

@. J10 +1. ®. 35 - 1. ©. Y101 - 1. ©. V101 +1.

H binh hudng
2

+Dit z = x+yi (x,ye R), khidotlr 2|z + 4=z — z — 24 tinh duoc y:XI.(Né'u dat
z, = a + bi thitinh a theo b sé rat phurc tap).

+ Tim cach két n8i két luan |z — z| véi gia thiét |z, — i— 10| = 1 bang:

2 2
|zl—zz|+|zz—i—lO|2|zl—ZZ+Zz—i—lO|=\/(x—lO)2+[XZ—1J :

ﬂ L&i gidi tham khéo
Loi gidi

+Dat z = x+ yi; (x,ye R), khi

2 2
X

dé:2[z +ll:|51—21—21|©2«/x2 +(y-1y =\/(—2y—2)2 @y=%:> z=x+d

2 2
+z —z|+|z, —i-10|2|z — 2, + z —i—10|=\/(x—10)2 +[Xz—1}

2 2
:>|zl—%|2\/(x—10)2+(x?—1j ~1.

2

2
+Xétham s§ £(x) = (x—10) +[X?—1J ;x € R.Déthdym in £(x) = £(4) = 45.

z =4+41
, JkeR,k>0
+ Suy ra |%_Zz|23\/§_1(1)' Péng thirc & (1)xdy ra khi 5 -2 = k(2 - i-10)
|z —z|=3v5 -1
z =4+41

= 50 _2\/5 5 +\/§ ‘=Chon B
z, = . + - 1
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Chuyén Dai Hoc Vinh-L2/N2021

Cho céc s6 thwc b,c sao cho phuong trinh 2 + bz+ c=0 cé hai nghiém phtc z,,z, thda
man |z — 4+ 34 =1va |z — 8 — 64 = 4. Ménh d& nao sau day ding?
@. 5b+c=4. ®. 5b+c=-12. ©. 5b+c=12. O. 5b+c=—-4.

H Dinh hudng

+Néu z las6thycthi 1=z —4+34= «}(zl —4) +9.Didunayvé ly.

+Vi z , la cdc nghiém phirc khong thyc ciia phuong trinh Z +bz+c=0nén

z =z =z =[z]|=1z|.

ﬂ L&i gidi tham khéo
Lori gidi
+Néu z lasSthycthi 1=z —4+34=/(z —4) +9 > 3.Didunayvdly.

+Vi z , la cac nghiém phirc khong thye cGia phuong trinh Z +bz+c=0nén

z =z =z =|z]=|z].

+Matkhdc: 1=z —4+34 2 |z]|—|[-4+34 = 4<|z|<6;

4=|z -8-64>|z|-|-8-64=|z|-10|= 6 <|z|<14.Suyra|z|=6.

+|z — 4+ 34 =|z] - -4+ 34 khi va chi khi z = k(-4 +31) v&i ke Rva k<0.Tir day dé
18 24

24 18 48
dang tinh dugc z :?—?1; z, :?+?i; c=zz :|Zl|2 =36 va b=z + z :?

=>Chon A.

Goi A,B lan lugt 3 diém biéu dién cac s6 phirc khong thuc z,, z trong mat phang toa d O xy thi

A d6i xting véi B qua truc thuc Ox. Tlr day ta cé cac bai todn mdi bang cach thay diéu kién

—4+34=1

{:ZL 6 6111 A bé&i diéu kién cho A thudc duwdng tron va B hodc thudc duwong tron; hodc doan
Z2 —_ —_ =

thang; hodc duong thang; hodc parabol; hodc hinh thoi...Chu y: z ,la cac nghiém phic khéng

thuc cha phuong trinh bac hai hé sé thuye.

_ ‘ Cau 13: ‘ Chuyén Tuyén Quang-L3/N2021

Cho s6 phitc zthda man ‘z—;‘+‘z+;‘£6. Gid tri nhoé nhat cba biéu thic

P =|z-2+31 +|z+4-131 bing

®. 156. ®. 155. ©. 146. ®. 147 .

ﬂ binh hudng
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+Goi M (x;y)la diém biéu dién s6 phitc z= x+ yitrong mit phang toa d6 Oxy, khi do twr
‘z— % + ‘z + ;‘ < 6 = M nam trong hinh vuéng.
+P =2 [|z+ 1- 5112 +]-3 + 8112] =2MA° +146 v&i A(-1;5). Nhu thé chi can tim gia tri

I&n nhat va gia tri nhd nhat cla M A s& tim dwoc gid tri ldn nhat va gid tri nhé nhat cla P .

n L&i gidi tham khéo
Lo gidi
+Trong mat phang toa dé O xy, goi M (x;y)la diém biéu dién s8 phirc z= x+ yi (x,v € R).

Khi dé ‘z— ;‘ + ‘z+;‘ <6 = |x +|y] < 3 = M khéng nam ngoai hinh vuéng EFGH (hinh

HY -3

+P=2[|z+1—5112+|—3+8112]:2MA2+146 voi  A(-1;5). Vi ZAFE >90°nén

MA*>MF® =5 = P >156. Khi z= 31 théa man diéu kién bai todn thi P = 156. Vay
min P =156 =Chon A
, Bai tap tuong ty

Caul: Cho s8 phic z thod méan |z+Z|+|z-Z|= ‘ZZ‘. Giad tri 1dn nhat cla biéu thic
P =|z-5-24 bang
@. 2 +543. ®. V2 +345. ©. 5 +243. O. 5 +32.

Cau2: Cho s6 phitc z théa man ‘zz‘ =2 ‘z+ ;‘ +5.Goi M ,m lan lwot 1a gia tri I&n nhat va gia tri

nhd nhdtcla [z—2 + 44. Gid tricla M +m bang
®. 4+ 42. ®. 8+2. ©.s. D.3+4/2.

Cau3: Cho s phtrc z théa man ‘zz + 3‘ =2 ‘z+ ;‘ Goi M ,m lan luot I3 gid tri I&n nhat, nhé nhat
cla|z+1+34.Gidtricta M +m bang

@. 3 +13. ®. 4+13. O. 2 + V13. O. 5 + 13.

Caud: Goi S la tap tat cd cic s6 thuc duong m dé cd bdn s6 phic z thda min hé

;ZI :; ‘ ;‘ ‘ 2‘.Tt“ing binh phuong cac phan tlr cia S bang
z+ 2z +|z— 2 =|z2

@. 12. ®. 17. ©. 10. O. 22.
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|[cau 14: | | S& GD Hoa Binh-T5/N2021

Cho hai sé phirc Z,Wthda min |Z|:2,

W—3+2i|:1. Gid tri |&n nhat cda biéu thiec

H= ‘22 —22W—4‘ bang

@. 162 . ®. 182. ©. 18. O. 24.

+Khéng thé bién doi gia thiét, do do bién déi két

lugn:H = zz—Zzw—z.E‘:|22| Z72 =4t
2 2
N N , N , .2 N v , , H Z_E -
+Dén day chung ta tim cdch giam bién bang cach xét ——-1= T_W —|W—3+ 2||.
n Loi gidi tham khéo
Lo giai
+Dat Z=X+Yyi vai X,yeR thi %: yi ; Vi |z|=2 nén
X1y =4=-2<y<2=0<y+2<4=(y+2) <16,
+Ta co
H =‘ZZ—ZZW—Z.E‘=|ZZ| ﬂ_w :4i_w :E_]_: E—W—|W—3+2i|
2 2 4 2
Z_E | Z_E A T 2 H<24
ST—W+W—3+2| —T—3+2I —‘—3+(y+2)l‘— 9+(y+2) <5 =>H=24
z2=2i
+Khi 18 14 . (thda man diéu kién dé bai) thi H =24.Vay max H =24 = Chon D.
wW=—-—
5 5

Ta cé thé tim MINH nhy sau

7-1
LYY
2

Z1—17 . 2
T—W+W—3+2I‘ =,/9+(y+2) >3=H >8.

z2=-2i
+Khi {W_ 2 oi (théa man diéu kién dé bai) thi H =8. Vdy minH =8.

H

+—+1= +|w—3+2i| >
4

Biéu dién hinh hoc s6 phtrc : Trong mat phang toa do6 Oxy, goi M, N [an luvgt biéu dién s6

— Z1—1Z . :
phurc %, W thi NM:T—W. RG rang diém M thudoc doan thang AB Vi

A(0;-2),B(0;2)va N la diém thudc duwdng tron (C)cé tam 1(3;-2), ban kinh y =1.
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+Tacd NM +IN > Ml = NM >MI -1>1A-1(Chay |A | AB)
+ NM < NI +IM =1+MI <1+max{IA; IB}.
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